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•^ , Abstract 

>. 
\^ ^ The inclusion of gauge messengers in models of gauge mediation allows for more general 

predictions that those described by the framework of general gauge mediation. Motivated by 

this, we explore some models of gauge mediation with gauge messengers in SU(5) GUTs. 

In most previous attempts of building viable models where gauge messengers play a role 

r^ I in determining the soft terms, squark and/or slepton masses turned out to be tachyonic. The 

objective of this paper is to address this problem and propose two possible solutions, one of 

which has a natural realization in the solution of the doublet-triplet problem. 

Another interesting result is that in these models the association of SUSY breaking with 

the breaking of the GUT group provides a simple mechanism that can explain why SU{5) — >■ 

^ ■ SU{3) X 51/(2) X [/(I) is preferred over other symmetry breaking patterns. 
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1 Introduction: 

A lot of work has been done in in recent years trying to understand the most general way to 
describe the sort of mass spectra one can expect to find at the LHC if SUSY is realized in nature 
and is communicated to the MSSM through gauge interactions f[n[2l[3lHl[5l[6l[71[8l[9l fTnl[Tn 
[T2t [T3t [m [H]). A framework known as general gauge mediation [2] (GGM) was constructed 
and, under very general assumptions, it describes (in a model independent way) the possible 
set of soft terms one can expect with only a small number of parameters. Sum rules for the 
squark/slepton masses were also derived. 

From this work other features that were necessary for a particular model to be viable 
have emerged. One example is the requirement that the universe should be in a perturbative 
metastable vacuum |16U17t [T8]. This conclusion arose from the fact that if this is not assumed, 
gaugino masses vanish at leading order in -^. This would generally give a small hierarchy be- 
tween gaugino masses and the soft scalar masses, which leads to some tuning to get the correct 
electroweak symmetry breaking scalej^ 

In [3], it was noted that the predictions of GGM could be generalized by allowing the presence 
of gauge messengers. These are Higgsed vector fields that couple to SUSY breaking vevs and thus 
act as messengers. An extension of GGM which allowed for gauge messengers was constructed in 
|10j . One particular difference is that gaugino masses are generated at leading order in -^ even 
if the vacuum is not metastable. 

This scenario is then richer than the one described by GGM: it allows for a more general class 
of soft terms and the sum rules of GGM are changed [3]. The main motivation of this work is 
then to explore the role of gauge messengers and see whether these models lead to qualitatively 
different conclusions. 

One problem that arose when trying to build models of this type is that some of them have 
tachyonic squark and/or slepton masses [12l [lOl [3] . This is because the leading order (one loop) 
contribution to the soft scalar masses is always tachyonic. In [TU] was shown that this contribution 
can be suppressed with respect to the two loop corrections. But even these are often negative, 
so that squarks/sleptons remain tachyonic even at two loops. 

The aim of this paper is then to address this problem, and propose possible solutions. 

Its structure is as follows: in section 2 we give a description of the basic model we will be 
considering. The messengers will be adjoints of SU{5). We will show that in the vacuum, and 
because we will couple these adjoints to some F-terms, the SU{5) is naturally broken to the 
MSSM gauge group SU{3) x SU{2) x U{1). This is different from many models where the GUT 
breaking respects SUSY and the choice of symmetry breaking pattern is chosen. 

In section 3 is a review of the results of |101 13] . 

In section 4 we explore the problem of tachyonic squarks and sleptons and show that in a large 
class of models the sign of the soft masses depends only on the field content of the messenger 
sector, and not on the parameters: F/M turns out to be universal for both gauge and non-gauge 
messengers. 



^A more general argument that any vacuum of a model with low energy SUSY breaking model should be 
metastable can be made by saying that any spontaneously broken R-symmetry should be only approximate in 
order not to have a massless R-axion. This is a much weaker assumption: it only requires that SUSY is restaured 
somewhere in field space (e.g. non-perturbativelly) , while the previous argument requires that this vacuum must 
be accessible within the regime of validity of perturbation theory. 



In section 5 we show how the constraints used to derive the previous result can be evaded 
with two examples, and we present the conclusions in section 6. 



2 A toy model: 

The model for the messenger sector consists of two fields that are adjoints under the SU{5) GUT 
and a singlet. The superpotential is given by: 

W = -/i2$ + X-^TriYoYo) + mTr{Y2Yo) + XTr{Y2YoYo) (1) 

Where $ is the singlet and Iq and Y2 are adjoints of SU{5). This superpotential has an R- 
symmetry such that -^(^0) = and -^(^2) = Ri^) = 2, and is general. The Y-fields can be 
written using the generators of the Lie Algebra of SU{5): Yi = Y- T^""' , where T^""' are the 
generators (mode details in the appendix A). Note that linear terms in the Y-fields vanish as the 
generators of SU{5) are traceless. 

Let us start by analyzing this model in the limit where A = 0: 

W = -n^<P + mTr(Y2Yo) + XTr(Y2YoYo) (2) 

In this case there are two independent sectors: one composed by the singlet and it's superpotential 
(singlet sector), and the second consisting of the adjoint and its superpotential (adjoint sector). 
SUSY is broken in the singlet sector as F^ = ^u^, and ^ is the Goldstino. The adjoint sector can 
have several SUSY solutions: 

.Y2 = 0,Yi = 0; 



Y2 = 0, Yo = ^ diag{{l, 1,1, 1,-4}); 



Y2 = 0,Yo = m diag{{2, 2, 2, -3, -3}); 



Where we use the notation diag{{xi,X2, ...,Xn}) to denote a diagonal matrix with elements 
xi,...,Xn- Since SUSY is not broken in the adjoint sector the degeneracy between these vacua is 
not lifted and (ignoring SUGRA corrections) all should be considered on equal footing. 

Let us consider now the beta function associated with the GUT gauge group: the extra 
adjoints give a very large negative contribution above their mass threshold: 

" — OmSSM '^messengers — 'J ^ -''c ^matter '^messengers — 

3x5-3x--3x--l-2x5 = -2 (3) 

2 2 ^ ^ 

Where we take as matter content: the MSSM [191 [20] (a fundamental 5, an anti-symmetric 10 
and two Higgs, 5 and 5) and two adjoints for the messenger sector. 

Above the GUT scale the gauge coupling will not be asymptotically free. This means that 
we are implicitly assuming that above the GUT scale the MSSM is actually the dual low energy 



description os some theory valid at energies well above the GUT scale (other examples where the 
MSSM is considered to be the dual of another theory are considered in [21^ 122]). In this context, 
the singlets of the low energy theory could be thought of as composites of some other fields. 

Now let us turn on the A parameter: If A is small enough the solutions will change by a small 
amount and in the minimum the symmetry breaking pattern should be one of the exhibited by 
the previous solutions (a more detailed discussion of the general minimization of the potential is 
presented in the appendix A). 

At leading order in A one gets: 



V 


Solutions 


^' 


l2 = 


/.^ - f A^ 

A 


Y2 = y (im5(l, 1,1, 1,-4) 
Yo = f (1 + 2\{J^f)diag{{l, 1, 1, 1, -4}) 


^x^ 60 A ^ 


y2 = ydm5({l,l, 1,-3/2, -3/2}) 
Yo = f^(l + 2A(^)2)dmg({l, 1, 1, -3/2, -3/2}) 



Where, as expected, there is a flat direction associated with the fields with R-charge 2, 
parameterized here by y. An important point to make is that there are no new complex phases 
associated with these vevs, so there are no new sources of CP violation. 

We noted that when A = there were three possible solutions and that they all should be 
considered on equal footing. By coupling the adjoint sector to the singlet sector (SUSY breaking 
sector), this degeneracy is broken. By choosing A to be positive we see that the preferred vacuum 
is the one required in the MSSM and none of the others. 

The non-vanishing F-terms are: 



F^ 



Y. 



(23) 



Y. 



dW _ 
'd¥ ~~ 

_ dW 
= ^^ 

dW 



(24) 



dY, 



-^ 



2 + 30?n2 



(24) 



A^ 

-5-\/3u^^^ 
A 

-3v5/i^^ 
A 



(4) 



Where: 

T^^ = dia5(l/(2V6),l/(2V6),l/(2\/6),-3/(2\/6),0) 

T^^ = diag{l /{2V1O), l/(2\/l0), 1/(2^10), l/(2\/l0), -2/\/l0) 

So, some of the F-terins are not invariant under the GUT gauge group. As we will see this is a 
necessary and sufficient condition for the existence of gauge messengers. 



2.0.1 Gauge messengers: 

Now let us consider the gauge messengers. The form of a fermionic mass matrix squared for a 
generic superpotential and field content is given by: 

Where Wi{Wij) is the first (second) derivative of the superpotential with respect to the fields 
(pi (and (j)j), Z?" is the D-term: D" = gJ2i^i'^"'^i ^^d -D"- is its derivative with respect to 0j. 
Indices are raised and lowered by complex conjugationo 

In the usual models of gauge mediation the only non- vanishing F-term is associated with a 
gauge invariant direction. This means that the off-diagonal terms ^/2D'^'-'Wj in the fermionic 
mass matrix (squared) vanish, so that the only fields that feel the effects of SUSY breaking are 
the scalars. 

This doesn't have to happen: in our case, when A is not zero, there are some F-terms 
that are not gauge invariant under the full GUT group. This means that the Higgsing of the 
vector superfields is not SUSY: there will be some mixing between the Higgsed gauginos and the 
fermionic components of messengers. The mass spectrum of the components of these Higgsed 
vector superfields will not be SUSY, and because of this they will act as (gauge-)messengers. 

For this particular case, it's the bifundamentals of the SU{3) x SU{2) that are Higgsed and 
act as gauge messengerq^l- 

The mass matrix for these fields at leading order in A is: 




,V't)(Mf-)M r (6) 



{Mf^-f 



x^rt 



/ ^ — ^2 ^ 2^x y ^ 

25(m2+2V)g^ 25g^ 2 10^Vg 

2mA y 4 y A _2 

\ n _10JA^ 25(4m^+16A_jx2+A y'^)g'^ 2 I 

\ A A\ y / 



(7) 



A 4A 

So we can see that the F-terms couple to the gauge fields at tree-level and the model has gauge 



Gauge invariance of the superpotential in the form of: D ^. Wj + D'^'-'Wjk = was used to simplify the mass 
matrix. 

^See Table iBl for an detailed explanation of the notation used. 



messengers. The fermionic masses are approximately given by: 

m^ ^ ± = 25^m^ + -rv'^d'^ + lOOA^/i^ ± lOgA _ ^^^ (8) 

A 4 ;^ -^4m2 + (Ay)2 

^2 ^ (8m2A^+(A|/)_^)2AV^ 
' m4(4m2 + (Ay)2) ^ ^ 

And mg^jn.,± are the masses of the gauge messenger^ 

We note that even though this is F-term breaking the mass sphttings come from (tree-level) 
Kahler potential interactions, not from the superpotential. This is the main difference from the 
usual models of gauge mediation. 

3 The soft terms: 

The soft terms for a model of gauge mediation with gauge messengers has been recently computed 
in [im [31 [TT]. We shall present a short review of these calcultions|10| using only wave- function 
renormalization techniques [121 [23] . 

The main differences from the usual scenarios of gauge mediation are: 

• gaugino masses are generated at leading order in j^ expansion (even without metastability) ; 

• soft scalar masses are generated at one loop; 

• trilinear couplings are generated at one loop even at the messenger scale; 

3.1 Gaugino Masses: 

Diagrammatically we have that the contributions to gaugino masses are given in Figure [TJ In 
most models of gauge mediation the second diagram actually doesn't give any contribution. 

/ \ 





Figure 1: Where the external legs correspond to the un-Higgsed MSSM gauginos, and the doubled 
wavy-solid (wavy) lines are Higgsed gauginos (gauge bosons), solid (dashed) lines are messenger 
fermions (scalars). A cross is a mass insertion and a double cross is an F-term insertion. These 
diagrams give the leading order in F/M gaugino mass contribution. 



We will now calculate this contribution: Let us assume that we've fixed some useful gauge 
(eg. unitary gauge) to perform the calculations and that we call our goldstino field X, so that 



*To compute the eigenvalue m; we computed the fermionic mass matrix to order A^ and then extracted the 
eigenvalues, which we then expanded to order A^. 



in the vacuum < X >= x + O^F. Unlike in the usual scenario we will allow x to not be a gauge 
singlet. So F dictates the scale of SUSY breaking while x is one of the vevs responsible for the 
breaking of the GUT gauge group to the MSSM gauge groups. 

For now let us set F to and work in the SUSY limit. 

For the unbroken gauge multiplet, at a given scale /i, the Lagrangian interaction is determined 
by the X-dependent gauge function S{X,iJ,), (where the reason why S can only depend on X is 
that it must be a holomorphic function of X): 

ld f (fe^s{x, n)w'"^w;i + h.c. (lo) 

If we now turn on F a little bit {F/M"^ « 1), and since the dependence of S on < X > is 
holomorphic, the only way that S can change (at one loop) is by the change < X >— )• X, where 
X is now a spurion field. This replacement is called analytical continuation into superspace, since 
the continuation of < X > to superspace induces a continuation of both gauge coupling and wave- 
function renormalization to superspace as well (from their dependence on X). The validity of the 
procedure relies on the fact that this continuation gives the correct R.G. equations for the soft 
terms. 

And S is given by: 

Where is the topological vacuum angle. 

So, to compute gaugino masses at leading order in F we need only to solve the R.G. equations 
for the gauge coupling in the SUSY limit and the continue them to superspace. We note that 
even though S is holomorphic in the goldstino field, a~^ = IQirRe^S) is not. The one loop R.G. 
equation is 

d 1 6 , , 

-ra = — (12) 

dt 27r ^ ' 

where t = Log{fi) and b = 3Nc — Nf for an SU{N) theory. Let us call b' the /3-function coefficient 

in the U.V. (i.e. above the GUT scale), and 6j the /3-function coefficient of the i-th gauge group 

below the GUT scale (so SU{2), SU{3) or U{1)). So that the expressions for the holomorphic 

gauge coupling below the messenger scale is given by: 

5(/.) = S{Au.v.) + ^Log{^)Sa{^^) = S{Au.v.) + ^^ogij^) + ^Log{^) (13) 

Where A(/.y, is some U.V. cutoff. 

The gaugino mass (at this order )Ois given by 

mx = g\fi)S\o2 (14) 

So, below the scale x =< X > the gaugino mass is given by the 9"^ component of the gauge 
function S which is: 

-A. = ^^(6 -6)- (15) 

This generalizes for multiple mass thresholds (as long as F/M"^ << 1). However, it is well known 
that if the hidden sector superpotential is a cubic polynomial in the fields and one is sitting at 



^the gaugino mass, being an observable, depends on the physical gauge coupling, not the holomorphic one. 
However at one loop there is no difTerence 



the global minimum, the contribution from normal messengers vanishes to leading order in F/M. 
which means that the only possible non- vanishing contribution is from gauge messengers, and 
this is given by: 

m,^ = -^iK-N.,a)- (16) 

Where A*"^, Nc^a are the number of colors in the GUT, MSSM "a-th" gauge group, and —2{N'^ — 
Nc^a) is the contribution from the Higgsed vector superfields ((A'^ — Nc^a) from the eaten would 
be Goldstone Bosons and S^N'^ — Nc^a) from the vector field). Explicit computations for the toy 
model at hand have been done and and it has been checked that this contribution is non-zero. 



3.2 Scalar Masses: 

Scalar masses can be generated at one loop. This is because the gauge messengers couple to 
non-zero F-terms already at tree-level. The diagrams are presented in Figure El 






+ 




Figure 2: Where the external legs correspond to the MSSM squarks, and the doubled wavy-solid 
(wavy) lines are Higgsed gauginos (gauge bosons), double dashed lines are the scalar messengers. 
The leading F/M contribution is given by the diagram with the Higgsed gaugino (with 4 mass 
insertions). 

The crucial observation is that in the SUSY limit the mass of the Higgsed vector superfields is 
given by (M^) = ^^{T ,T^}^. One can take the simplifying assumption that all the masses 
are the same and that we've chosen a basis where they are diagonal, i.e. (M^) = ($,$)5 , 
where the inner product is defined as the (degenerate) eigenvalue of the matrix ^^{T"^,T^}^. 

The one loop R.G. equation for the Quark superfield is given by: 

d c 

—LogiZg) = -a (17) 

at vr 



2N 



where c' is the Casimir of the Quark superfield representation under GUT gauge group {d 
for an SU{N) fundamental). 

So that below the messenger threshold the wave-function renormalization function is given 
by: 

Z«,M„..)...,A„.(^)-(^)^ (., 

and b' is the beta-function coefficient of the GUT gauge coupling and c,b are the corresponding 
constants for the MSSM gauge couplings. 



The gauge coupling below the messenger threshold is given by: 

We now need to continue these expressions into superspace and extract the SUSY breaking soft 
terms. The first step is to canonically normalize the fields: upon analytically continuation Z 
picks up 9^,9 and 6^6 terms with the constraint that it must be a real function. So the 6'^ and 

—2 

the 9 components are the complex conjugates of each other: 

Z = z + Z\e29^ + {ZyW + Z\^^^29'^'f (20) 

o 

Where the z is the "scalar" component of Z, Z\q2 is the 9"^ component of Z and Z\^-^2 is the 99 
component of Z. 

Then after the redefinition of canonically normalized fields: 

Q' = ^1/2(1 + ^e^)Q (21) 

Where Q is the normal Quark superfield and Q' is the canonically normalized quark superfield. 
If we define the terms in the potential as: 

i 

And integrate out the auxiliary components of the quark fields using the previous expressions, 
if follows that: 

Aq^ = Log{ZQj\e2 (23) 

l^ = -LogiZQ)\^,^2 (24) 



m, 



Because the correct mass threshold for gauge messengers is of the form (x, x) and not X'X, the 
expansion of the gauge coupling into superspace is given by: 

a {{X,X))=a ii^^^)) + ^i(^J^ + (^J^ + (^0 ^^^^ ) (25) 

,-V,^ ,-i,.,N , b'-bg ,{x,F) 2{F,x) ,2 {F,F){x,x)-ix,F){F,x) 

Where a~^{n) is the gauge coupling below the gauge messenger mass threshold and a^^((X, X)) 
is the gauge coupling at the messenger mass threshold. 

If we now replace these expressions for the gauge couplings in the expression for the squark 
masses, we get: 



2 5'(m).. m^ b' ^^^ iF.F){x,x)-{x ,F){F,x) 



ran =— ^((c - xc') + c-(x - 1))— '^^^ ^ + 



+ 2 ( ®V ((fc + (-'(c' - 2c)) + (x= - l)x(fc' - cft-)) '"-^''f;"' (27) 



Where x = " / -, ■ Where we note that the one loop contribution is often tachyonic since c < d 
and (F.F)(x,x) - (x,F)(F,x) > 0. 

The case with two messenger thresholds is a simple generalization of this, and at leading 
order (i.e. ignoring the running of the gauge coupling) the result is a direct sum of the result we 
got for gauge messengers and the usual result for normal messengers. So the contributions for 
the soft terms coming from different messengers add uplj. 

3.3 A-terms: 

The relevant diagram to compute is: 



A 




Figure 3: Main diagram contributing to the trilinear couplings at leading order in F/M. 

As we saw in the previous section, the A-terms are given by: 

AQ = Log{ZQ)\e2 (28) 

Being that this expression is readily extracted from considering the expression for the wave- 
function renormalization: (jlSp . and the expression for the gauge coupling ()19p analytically con- 
tinued to superspace. 

The result is given by: 

AW) = ^(J-,)'flIl + 'i^(J-cl)(x-l)^f^ (29) 

Where X = ^• 

so that the main contribution is 

^(/^)-^^(c-c)^^^ (30) 

3.4 Suppression of the one loop contribution to squark masses: 

An important result of [10] was to show that when the scalar partner of the goldstino (sgoldstino) 
gets a large vev, these corrections are suppressed. 

It is a well known result that in O'R. models where the superpotential is a cubic polynomial 
in the fields, the vev of the scalar partner of the goldstino parameterizes a flat direction of the 

potential [UlEl!: 

x^x + zF (31) 



^See appendix [Cl for more details 
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is a flat direction. 

The one loop contribution is proportional to the coefficient ^ ' '^'^'y~yy '^ '^' ^ which along 
the flat direction scales as: 

(F, F){x + zF,x + zF) -{x + zF, F){F, x + zF) _ 



{x + zF,x + zF)'^ 
{F, F) (x, x) - (x, F) (F, x) {F, F) (x, x) - (x, F) {F, x) 
(x + zF,x + zF)2 ^ |z|4(F,F)2 



(32) 



Where we took the limit zF ^ x. Comparing with the suppression one gets for the usual two 
loop contribution: 

{F,x + zF){x + zF,F) 1 



{x + zF,x + zF)"^ |z|2 

So that the ratio between the one and the two loop contribution is: 



(33) 



J^q)^^^ ^ 4^) c'-c" iF,F){x,x)-{x,F){F,x) 1 

(m^)(2) ^ a{n) {h'd + V'{d' - 2c') (F, F)2 |z|2 ^ > 

so that if we stabilize z sufficiently far away from the origin the two loop corrections can dominate 
over the one-loop ones. 



^ / 47r c'-c" {F,F){x,x)-{x,F){F,x) 

^ - Y aifi) {h'd + h"(d' - 2c')) (F, F)2 ^ ^ 

We note that since (F, F)(x,x) — (x,F)(F, x) can be small when compared with {F,F) due 
to some alignement, one can have a sufficient suppression of the one loop correction without 
necessarily requiring a very large value of z. 

If instead of z we had used y = j^ to parameterize the flat direction, the limit is approximately 
given by: 

y>^My (36) 

Where M^ is the mass of the Higgsed gauginos evaluated at the origin of the pseudomoduli space 
y = (If there is some alignment between F and x this lower bound can be violated). 



4 Model Building Constraints: 

In this section we will show that in a large class of models, for large sgoldstino vevs, one can 
show that for every messenger in a model: 

Where the pseudomoduli direction is given by: Xi = x\ + zFJJ. What this means is that in 
a large class of models, F/M is the same for all (gauge and non-gauge) messengers. In other 
words: even if the mass thresholds of the messengers are different and the F-terms they couple to 



^Since the Kahler potential is canonical, in the vacuum, Ft = Wi, so both quantities can be used 
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are different, F/M will be the same for all messengers. What this implies is that the sign of the 
squark/slepton masses depends only on the field content of the theory, not on it's parameters |f|. 

Let us be more precise about what kind of models we are considering: 

• The Kahler potential is canonical; 

• SUSY should be broken at tree- level (no runaway directions); 

• The vev of the sgoldstino parameterizes the only flat direction and it should be everywhere 
stable (i.e. no metastability); 

• The messengers couple linearly to the goldstino; 

• The fermionic mass matrices for (non-gauge) messengers factorize into 2x2 matrices; 

• In order to suppress the one loop tachyonic contribution from gauge messenger to scalar 
masses the sgoldstino is the largest vev in the model; 

For example: the first four constraints are easily satisfied in renormalizable theories that break 
SUSY by virtue of the rank condition (and we sit at the global minima). The fifth condition 
essentially tells us that the messenger sector should not contain three fields that can mix in 
complicated ways. 

An important result |18[ [T7] is that in the global minima one has: 

^Det{W,j) = Q (38) 

Where X is the vev of the scalar partner of the goldstino, and Wij is the second derivative of the 
superpotential with respect to the fields 4>i,4>j. This is nothing but the argument that gaugino 
masses vanish at leading order in F/M unless the vacuum is metastable. 

We also note that if the superpotential for the messengers can be written in the form, and 
there is an R-symmetry: 

W = fX + {M'^ + XN'^)4>'(t)^ (39) 

thendU: 

Det{M + XN) = Det{M) (40) 

wether or not there is metastability, so that -A^Det{Wij) = 0, and the following argument still 
applies. 

By manipulating (j38p . and choosing a basis where the fermionic mass matrix is diagonal, one 
can rewrite is as: 

Tr{'^1^2hL_) = (41) 

rrii 

And Wij = mi6ij. 

When the fermionic mass matrix factorizes to a 2 x 2 matrix, this means that: 

WnkF^ ^ _W22kF^ 
mi 1712 



(42) 



The overall scale, i.e. the value at which z is stabilized, will of course depend on the parameters of the model. 
Also, if the mass splittings are too large R.G. effects should be taken into account. 
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So, the contribution to the soft scalar masses is exactly the same for both fermionic mass eigen- 
states (at leading order in F/M). 

We now write down the general dependence of the mass matrix for the messengers on the 
vevs of the model: 

W^, = mij + WijkX'' + W,,i(t>' + O(02) (43) 

Where rriij is some mass matrix and Wijk is the third derivative of the superpotential, and we 
have separated the dependence on the goldstino field X from the other fields ((^'s). The higher 
order terms are absent if the superpotential is a cubic polynomial in the fields. Since messengers 
couple to the goldstino, the term WijkX^ cannot be identically 0. 

For large vevs of Xo we have: 

TriWi,) « WiikX^ (44) 

This means that: 

Tr{Wi,) = WukX^ 
DetiWij) = constant 

For the mass matrices we are considering, this implies that one of the mass eigenstates is very 
light and the other is very heavy: 

mu ~ WiikX^ 



r^ constant 



(46) 



(47) 



So, for the heavy field, the contribution to the soft masses is given by: 

mi ^ WiikX^ Wiikix^'^"^) + zF^) ^ zWiikF^ z 

And ()42p tells us that this contribution is the same for both mass eigenstates. 

Now, for the gauge messengers, we've just shown that the contribution to soft masses is 
proportional to the square of ix XY ' '^^^re the inner product {A^B)i is defined as the i-th 
eigenvalue of A^{T'',T^]B. 



(48) 



For large vevs of X this is given by: 

{F,X) _ {F, X + zF) z{F,F) 1 

{X,X) ~ {x + zF,z + zF) ^ z2(F,F) ~ ~z 

As we wanted to show. 

4.1 Constraining models with gauge messengers: 

We've seen that in a variety of models the ratios F/M for the different fields approach a universal 
value for large values of the sgoldstino vev. This means that the sign of the squark and slepton 
masses generated is a function only of group theory factors (i.e. the representations of the 
messenger fields) and does not depend on the superpotential parameters. In particular, apart 
from R.G. effects, the ratios of squarks and sleptons depend only on the representations of the 
messenger fields. 



®Note that (|36p gives a bound on how big the other (non-gauge invariant) vevs can be in order to have an 
appropriate suppression of the one loop contributions. 
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It is interesting to note that in these models, for large sgoldstino vevs, we recover the condition 
for non-tachyonic scalar soft masses that was derived in [12]: 



b'{2 --)<h (49) 

Where h' [hi) are coefficients of the beta functions for the gauge couplings above (below) the 
GUT scale and c' (q) are the Casimirs of the representation under which the field transforms 
above (below) the GUT scale. 

The main difference though is that equality of F/M for all messengers is not assumed. 

This constraint can be easily evaded if we assume met ast ability. There are different reasons 
why this scenario is probably not preferred. Metastability usually requires the existence of an 
approximate R-symmetry [161 E ISS ES |27]. Unlike in normal models of gauge mediation (e.g. 
ISS[T]) to suppress the tachyonic contribution to squarks we do not want the vacuum to be close 
to the origin of field space. It is hard to see how a polynomial superpotential could have an 
approximate R-symmetry far away from the origin. 

If the gauge coupling (above the GUT scale) is asymptotically free, the mechanism of [28] 
becomes available to stabilize the vacuum far away from the origin. However, this doesn't always 
happen. Also, the one loop contributions to the effective potential don't necessarily lead to the 
stabilization of flat directions [9l [291181 [TO]. 

Another thing to consider is wether such local minima should be preferred with respect to 
global ones. In |30[ [311 [32l [33] it was shown that generically thermal corrections in the early 
universe make vacua close to the origin of field space preferred, this is because close to the origin 
of field space there are usually more light fields, so thermal corrections are smaller. 

It is also possible that the number of messengers is sufficiently small so that (j49|) is verified. 
However, two adjoints is already too many... 

One could think of building a model with one adjoint field (plus messengers in other repre- 
sentations), but this is very hard. Assume: 

• There is only one adjoint field Y (plus fields in other representations); 

• In order to break SU{5) — t- SU{3) x SU{2) x [/(I), Y is the only non-gauge invariant field 
whose F-term and scalar component can get vevs (singlets can have scalar and F-term 
vevs); 

• Above the GUT scale, the model is SUSY; 

• The sgolstino vev parameterizes a flat direction; 

The second constraint is actually not very constraining as fundamental, symmetric and anti- 
symmetric vevs don't break SU{5) to the MSSM gauge groups. More complicated representations 
are likely to contribute to the beta function so that (|49p is violated. 

The third condition means that no field that couples to any SUSY breaking vev can be heavier 
than the GUT scalqij. In other words: the only SUSY breaking parameters allowed at the GUT 
scale are F-term vevs of dynamical fields, there are no spurious. 



°We are ignoring the possibility of non-zero D-terms. 
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In order to have gauge messengers, there must exist a non-gauge invariant F-term. This 
means that in the vacuum: 



Y = y + e^Fy 
And these vevs break SU{f>) -^ Sf/(3) x SU{2) x C/(l). 
Since there is only one adjoint, it must be that: 

Fy oc f{y) 



(50) 



(51) 



Since y is the only non-gauge invariant vev. If we assume the superpotential is a polynomial 
function of the fields, we have that /(O) = 0. 

However in models where SUSY is broken due to the rank condition, or where SUSY is 
spontaneously broken and the superpotential is a cubic polynomial, the vev of the goldstino 
parameterizes a flat direction. Since Fy is non-zero, Y is part of the goldstino (generally there 
may be more non-zero F-terms, so that the goldstino is a particular linear combination of these 
fields). In any case, the scalar component of Y, y, parameterizes a flat direction. So Fy cannot 
depend on y and must vanish. 

So, with these constraints it's not possible to build a model of gauge mediation where gauge 
messengers exist. 

Another possible way around this problem which we shall not explore here is to embed the 
SU{5) into a product of several groups [3^135]. 



5 Possible solutions: 



A simple possible solution to this problem is to have a second independent flat direction that 
does not couple to (all) normal messengers. This violates one of the constraints and allows us to 
address the problem of tachyonic scalar masses. 



We will now consider two ways in which this can happen: 



Case 1 



Case 2 





Gauge Interactions 




Where it's assumed that the solution to the doublet-triplet problem implies the existence of 
an adjoint field whose vev breaks SU{5) to the MSSM gauge groups, or some other field whose 
vev contributes to the mass of the Higgsed vector superfields. Related studies to the second case 
have been done in [36], but where the emphasis is direct gauge mediation, and in [37], where 
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there are similar couplings between an extra sector that contains an adjoint. They solve the 
tachyon problem by simply coupling the adjoint to a spurion singlet field through superpotential 
interactions, so the messengers are only chiral fields. 

5.1 Case 1: 

In this case we create the second flat direction by adding a second sector where SUSY is sponta- 
neously broken and that does not contain gauge messengers. There are then two goldstino fields. 
By changing the ratio of the vevs of the two sgoldstino fields we can enhance the contributions 
from normal messengers to the soft terms, and get non-tachyonic squarks and sleptons. 

As an example consider that we couple the model we presented in section 1, and add a 
second sector with 2 chiral messengers in fundamental/anti-fundamental pairs {Qi,Q2,Qi,Q2)- 
The superpotential is: 

W = -n^<^ + X<^TriYoYo) + mTr{Y2.YO) + XTr{Y2YoYo) + X2^Qi.Qi-Tf^+mlQ2Qi + m2QiQ2 

(52) 
Where ^,^,Q2,Q2 have R-charges equal to 2, and Yo,Qi,Qi have R-charge 0. Since there are 
no couplings between the fields of the two sector, we can study them independently. 

To simplify the discussion even further, we shall take mi = m2 and JI = fx. For rn^ > A2/i^, 
the quarks do not get vevs, and the minimum of the potential is given by: 



Qi = 0; Q2 = 0; 
Qi = 0; Q2 = 0; 



(53) 



And $ is undetermined at tree-level. 



Furthermore, since in this sector there are no gauge messengers [T^, quantum corrections 
stabilize the vev of the goldstino at the origin of field space. It is not relevant that R-symmetry 
is not spontaneously broken in this sector, what is important is that the sgolstino vev of the 
sector with gauge messengers is non-zero (as this breaks the R-symmetry). At the origin of field 
space, both quarks get masses equal to m, and couple to an F-term equal to X/j?, so that 



F A/i2 



Mn.s. m2 



(54) 



Where this contribution only affects soft scalar masses, and n.s. stands for "normal messenger 
sector". 

We have already studied the other sector, and for large sgoldstino vevs F/M is approximately 
given by: 

^ =^ (55) 

Mg.s. Xy 

Where g.s stands for gauge messenger sector and y parameterizes the vev along the sgoldstino 
direction. These contributions affect both soft gaugino and scalar masses. In particular the 
contribution to the scalar masses is negative. 

We will now specify the region in parameter space that we will be considering. In order to 
keep the gauge couplings in the perturbative regime, all the particles reasonably heavy. Also, 
to keep the scale of the soft terms much lower than the GUT scale to avoid a large tuning for 
electroweak symmetry breaking, \/F ^ Mgjjt- There are several ways to do this. The way we 
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will do it is by choosing the parameters around the region where the F-term equations become 
degenerate and SUSY stops being broken, i.e. if the superpotential was: 



W = X.hi^P) + X2f2icP) 



(56) 



We would choose the parameters in such a way that the two /j({(/>j})'s vanish at the same point 
in field space. A possible reason for this to happen could be an approximate symmetry of the 
superpotential of the high energy theory (e.g. it is only violated by some non-perturbative term). 

In this work we will assume that the flat direction can be stabilized far away from the origin. 
In [5] it was shown that in models with gauge messengers, even if the R-charges of the fields 
are 2 and the sgolstino vev can be stabilized away from the origin. So, Coleman-Weinberg 
corrections are a possible mechanism to achieve this. 



The scalar two loop contributions are given by: 



m„ 



OVr^ M n.s. M g.s. 



(57) 



where d'.,c!^ are the quadratic Casimirs for the particular MSSM quark (for a fundamental of 
SU{b), c" = -g-, and C3 = 3, C2 = |) and N is the index of the matter messengers, for this model 
b" = —4,63 = 1, and 62 = —3, N = 2. (gaugino and trilinear couplings are both non-zero at 
leading order in F/M and given by the respective expressions) 

and we can choose the parameters in such a way that the vev of the field y is such that all 
the squarks/sleptons are non-tachyonic. 

We will now give an example point: In units of fi. We assume that the goldstino flat direction 



M 


A 


A2 


A3 


Hi 


m 




9GUT 


1 


0.5 


0.5 


0.1 


1.1 X 10-"^ 


0.1291 


1 


1 



in the gauge messenger is stabilized for y = 23.85, and for the non-gauge messenger sector is 
stabilized at the origin. Computing the mass of the Higgsed vector fields, allows us to match /i 
in units of Mgut- fJ' = 0.022Mgut- 

The masses of the other fermionic fields are (in units of Mgut)'- 



Adjoints SU{3) 


(0.5,0.0002) 


Adjoints SU{2) 


(0.5,0.0002) 


Fundamentals 


0.017 


Bifundamentals 


(1,1,1.92 X 10-y) 



The "effective" F/M one loop contribution is jj 
The two loop F/M contribution is: 



fW 



{F.F){x,x)-{xF){F,x) 



iF/M)g,,. 

{F/M)n.s. 



9,00 X W-'-^Mgut 



1,03 X IQ-'^Mgut 



4x10-^'^Mgut- 



(58) 



Where in the sector with the gauge messengers, all F/M's are approximately the equal to the 
value F/Mg,rn., and for the sector with the quarks F/M is given by F/Mfund- 
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We can now compute the squark and slepton masses, which we summarize in the next table: 
Where these soft masses are computed at the messengers scale (i.e. close to the GUT scale) and 



Field 


Q 


U 


D' 


L 


E" 


Hu 


"iQ 


3.53 X IQ-i^ 


2.96 X 10-^^ 


2.29 X 10"^^ 


2.60 X 10-^^ 


3.16 X IQ-i^ 


2.61 X IQ-i^ 


MnriT 



Table 1: Squark and sfermion soft scalar masses, 
we took all gauge coupling to be equal, and equal to 1. 



A-terms are proportional to: 



9^ ._ J^iF^x) ^,o ., in-14, 



87r2 ^ ^ (x, x) 



3 X IQ-'^Mgut 



While the gaugino masses are around: 



Svr^ [X, X) 



14; 



-4 X IQ-'^Mgut 



(59) 



(60) 



If Mgut is take to be 10^^, then squarks and sleptons have masses around 3TeV and gauginos 
have masses around 400GeV, at the messenger scale. 



More generally, and in the worst case, one may expect an approximate upper bound on the 
ratio: 

niQ A-K 

So that even if the sgolstino of the sector with gauge messengers is not stabilized very far away 
from the origin, the splitting between gauginos and squarks/sleptons is around one order of 
magnitude. 

In this model one does not expect unification to be automatic. At one loop, and with the 
parameters we used, it is very simple to calculate the gauge couplings as a function of the energy 
scale: 

R.G. evolution of gauge couplings 




Logi, 



M \ 
GevJ 



Figure 4: One Loop R.G. equations for the Gauge Couplings. 



As we can see in Figure [H unification is possible without a large fine-tuning (but is not 
automatic) . 
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5.2 Case 2: 

In this case there is a flat direction to which the gauge messengers couple, but the normal 
messengers do not. Unlike in the previous example this flat direction is not associated with SUSY 
breaking. So the normal messengers have masses of order m = X (where X is the sgoldstino vev) , 
and gauge messengers have masses of order $, where $ is the vev along the second flat direction. 
In this case the suppression of the one loop tachyonic contribution of the gauge messengers to 
the soft squark/slepton masses is lost. 

The expressions of the soft terms is approximately: 

4 



ml « -(^)iV^_(|)2 + {^?N^.m.{^r 






Where the group theory factors associated with the number of messengers are encoded in 
Ng.m.,Nn.m. and N g^rn.- Where X is the sgoldstino vev and (^ is the vev along the flat direction. 
One then needs ^ to be large enough so that mg > 0. 

If -^ is large enough so that itIq > 0, a significant cancelation between the one loop contribu- 
tion from gauge messengers and the two loop contribution from normal messengers is required 
to get mq ~ mx- 



5.2.1 Example: 

As a particular example, we now explore the possibility that this solution is actually connected 
to the solution of the doublet-triplet problem. We will now briefly review this problem [191 [20]. 

In the context of SU{5) GUTs the doublet-triplet problem can be understood in the following 
way: take the two MSSM Higgs fields to be a fundamental/antifundamental pair of SU{5). Below 
the energy at which the GUT symmetry is spontaneously broken these representations split to 
two (3, 1) and two (1,2) under SU{3) and SU{2) respectively. The (l,2)'s are the MSSM Higgs 
fields. Since the triplets are absent in the low energy theory, they must be massive. Below these 
Higgs triplets mass scale, they can be integrated out. This generically generates dimension 5 



:ipie 
rlil 



operators I that allow for proton decay [38]: 



Where T represents the Higgs triplets, Q and L are quarks/leptons (for solid lines) and 
squarks/sleptons (for dashed lines), and we suppressed the family and gauge indices. This 
diagram is suppressed by the Higgsino triplet mass and the SUSY breaking scale. Since there 
are very stringent bound on this decay, it means that the Higgs triplets should actually be very 
heavy. 



^^ Strictly speaking the dimension 5 operators that we are considering are the efTective vertices one gets from 
integrating out the Higgs triplet and Higgsed gaugino (i.e. Consider that the Higgs triplet and Higgsed gaugino 
propagators are evaluated at zero momenta and contracted to a point). For clarity we present the full diagram. 
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This problem can be addressed if one assumes the existence of a shding singlet that couples 
to the Higgs [39] : 



W = X,{Hu.%.Hd + ^H^.Hd) + m2Tr[Y^.%] + KTr[%.YQ.%] 



(63) 



This superpotential has many different minima, all of which are SUSY. If all the Higgs vevs are 
0, we have: 

(64) 
Hu = ^ Hd = Yo = ^diag{{2,2,2,-3,-3}) 

Since we know that in any realistic model, below the E.W. scale, the Higgs doublets spontaneously 
break the SU{2) x U{1) symmetry by acquiring vevs, we can look for SUSY solutions that allow 
for this mechanism to happen. If only the Higgs triplets are stabilized at the origin, there is only 
one solution that is: 

Yo = ^diag{{2,2,2,-3,-3}) $ = ^ (65) 

Along this direction the Higgs triplets are very heavy while the doublets remain massless (at 
tree- level): 

M = ^diag{{5,5,5,0,0}) (66) 

We will now add to this extended version of the MSSM the model we presented in the second 
section, and assume that the solution which keeps the Higgs doublets light and the triplets heavy 
is the correct minimum of the potential. 

The adjoints of SU{5) wih decompose to (8, 0) + (0, 3) + (3, 2) + (3, 2)+singlet. There is no 
mixing between the adjoints of the two sectors and they all get masses close to the GUT scale. 
The bifundamentals of the two sectors do mix: one chiral pair is eaten by the gauginos and 
becomes heavy, the two other pairs are "light" and get masses of the order of jj due to a see-saw 
structure of the mass matrix. 

If we take the parameters to be: 



Ai 


A 


A2 


m 


A. 


A.. 


m2 


gcuT 


1 


0.1 


0.5 


0.2887 


0.0167 


0.0025 


0.05 


1 



Table 2: Sample parameter point for the model with doublet-triplet slitting. 
The masses of the fermionic fields are (in units of Mcj/to) : 



Adjoints SU{3) 


(0.028,0.011,0.006) 


Adjoints SU{2) 


(0.028,0.011,0.006) 


Higgs triplets 


0.017 


Bifundamentals 


(1,1,1.63 X 10-^6.03x lO-^'J) 



So that if the GUT scale is lO^^GeV, the two "light" bifundamentals would be around 
lO^GeV. We note that both the Higgs doublets and triplets have SUSY spectra, i.e. they do 



^Mgut is taken to be the mass of the Higgsed vector bosons 
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not couple to any F-terms at tree-level, as the vev of the F-term of $ is 0. The Higgs sector is 
different from the quark and leptonic sectors since they can know about SUSY breaking indirectly 
through loops with ^ bifundamentalqij. 

Ignoring this effect which should be small if A^ and A^; are small, we can give an order of 
magnitude estimate for the contribution coming from gauge mediation. One needs to take into 
account the one loop contribution from gauge messengers and the two loop contributions from 
both gauge and normal messengers. The one loop F/M effect (given in (|27p ) is (F/M)^^' = 
3,91 X 10^1°. 

The two loop F/M effects are given by: 



^ = 1.12 X IQ-^^Mgc/t . ^ 

/I I I 7 \y III •' ll/l ^~.rTi-r~t 

M n.m. 



4, 02 X IQ-^Mgut 



So that the order of magnitude for the soft terms (at the messengers scale) : 

niQ ~ 10-^^ Mgut 

rriL ~ W'^^Mgut 

mA ~ 4 X 10~^'^Mgut 

Where there are nearly three orders of magnitude between gaugino and scalar masses. However, 
the values we present are computed at the messenger scale and R.G. effects are important and 
should be taken into account, and R.G. effects may be sufficient to solve this problem. 

Even though this model allows us to use a solution to the doublet-triplet problem to get 
non-tachyonic scalar masses, and is very simple, it should be improved in order to become more 
realistic. A mechanism that makes the bifundamentals heavier would help reducing the tuning 
required to get unification: 

R.G. evolution of gauge couplings 




Figure 5: One loop R.G. equations for the Gauge Couplings. 



Where this plot is the R.G. evolution of the gauge couplings for the sample point we just 
presented. 



^■^So, even though the MSSM fields only know about SUSY breaking effects radiatively, strictly speaking this 
scenario is not pure gauge mediation. 
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6 Conclusions 

In this paper we presented a model of F-term SUSY breaking with two SU{5) adjoint chiral 
messenger fields and a singlet. Coupling these adjoint fields to the SUSY breaking sector broke 
the degeneracy between vacua with difi^erent symmetry breaking patterns. This gave us a natural 
mechanism that could explain why the SU{5) GUT group is broken to the MSSM gauge group. 
In the particular model we presented this happened when one of the Yukawa couplings was < 1 
and positive. 

In it's simplest form the model was not viable as quarks and sleptons were tachyonic. We 
showed that in a large class of models that have gauge messengers, this is associated with the 
need to stabilize the sgoldstino vev far away from the origin, and is independent of the values of 
the parameters. 

To solve this problem we proposed two scenarios: 

SUSY is broken independently in two sectors, and gauge messengers exist in only one of them. 
There are two sgoldstinos that acquire different vevs. By choosing the ratio between these vevs 
it is possible to enhance the contributions from normal messengers and make both squark and 
sleptons non-tachyonic. We showed a concrete example where this scenario is realized, and that 
indeed squarks and sleptons can be non-tachyonic. Gaugino masses (and trilinear couplings) are 
generated at leading order in F/M at one loop (because of gauge messengers), and up to R.G. 
eff'ects are lighter than scalars (up to one order of magnitude) . 

In the second scenario there are also two sectors, but SUSY is only broken in one of them. 
The SUSY breaking sector should have both gauge and normal messengers, while the sector 
where SUSY is not broken should have a field whose vev breaks the GUT symmetry. If this vev 
is larger than the sgoldstino vev, the contribution from normal messengers can be enhanced and 
squarks and sleptons can be non-tachyonic. 

One natural realization of this scenario is the sliding singlet solution to the doublet-triplet 
problem (or other solutions to the doublet-triplet problem) together with the first model we 
presented, as the hidden sector. We showed that with this extension of the MSSM, there exists a 
region of parameter space and field vevs for which both squarks and sleptons are non-tachyonic. 
This is not a complete model, however, and some of its problems were identified. 

We also did not solve the problems with the Witten hierarchy idea|40j. but instead argued 
that it should be the SUSY breaking scale that is much lower than the GUT scale. This could be 
because of some approximate symmetry in the high energy theory: if unbroken, this symmetry 
would make the "natural" choice of parameters in the low energy model to be such that, despite 
the rank condition, SUSY is not broken. 
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Appendix: 
A Minimization of the potential: 

The model is: 

W = -i?^ + A$rr(yo>o) + mTr{Y2YQ) + \Tr{Y2YQYQ) (69) 

We shall describe the possible vevs that the Y fields can have using the generators of SU{5). 
The generators of the Cartan subalgebra can be written as: 

T^^ = diag{l/2, -1/2, 0,0,0) 

T^^ = diag{l/{2V^),1/{2V3),-1/{V3),0,0) 

T^^ = diag{l/{2V6),l/{2V6),l/{2V6),-3/{2V6),0) (70) 

T^"^ = diag{l /{2V1O), 1/(2^10)1/(2^10), l/(2\/l0), -2/^10) 

(71) 

The other generators can simply be written with the help of the SU{2) generators. 
Then the Y-fields can be written as 

Yj = V2y^T^ (72) 

Where we take the \/2 factor to so as to canonically normalize fields: 

K D TriiYjY,) = 2(yj^)tyJTr(r'=r') = (y^^)tyj (73) 

We can now use the gauge degrees of freedom to align the Yq vevs along the directions spanned 
by the Cartan subalgebra (i.e. along the diagonal). We shall use letters from the middle of the 
alphabet (usually k) to mean that the field corresponds to a direction of the Cartan subalgebra 
of SU{5), and a letter from the end of the alphabet to mean that the field is not along a direction 
spanned by the Cartan subalgebra (usually r). 

We now analyze the F-term equations, we shall start by looking at the F-terms that are not 
along the Cartan subalgebra directions. By virtue of the gauge choice, the F-term equations for 
the 2/2 directions vanish (not for the Cartan subalgebra directions), and the F-term equations for 
the Hq fields also take a very simple form: 

Wyr = (74) 

Wyr = fr{{y'oW2 (75) 



Where /i(2/o^, 2/0^, 2/0^, ?/o^) = m+^A(5\/6?/Q^ + 5\/32/Q^+3-v/5yo^), and different f's have different 
expressions. So, the solution to these equations is given by ^2 = 0- The reason why we can do 
this for these fields is that they do not appear in any other F-term equations, so Vp will have a 
quadratic term in these y'2 with a positive semi-definite coefficient given by |/rp. 

So, by choosing the Yq to be diagonal, one gets that due to the F-term equations Y2 is also 
diagonal. 

We will now subdivide the problem of minimizing Vf = X^ WiW^ into three cases: The 
symmetry breaking pattern is SU{b) -^ SC/(4) x U{1)^, SU{5) -^ SU{3) x SU{2) x U{1) and 
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generically when: 

A« 1 

A . 1 76 

We start by analyzing the case: SU{5) — )• S'C/(4) x C/(l)^. This particular case is equivalent 
to choosing the vevs to lie along the direction spanned by T^^, so there are only three complex 
variables in the problem: ?/q^ and y^^ and $. We use R-symmetry to choose $ to be real, so we 
can write t/q^ = yor + * Voi, V^ = ?/2r + i y2i and <^ is a real variable now. 

Then the Vp potential is given by: 

Vf= IJ.'' + m\yl + yl + yl + y|) - ^m yoAyl + y^ + 2(y2^ + yf.)) + 

+^'|)(yor + ?/oi)(yor + yl + 4(yi + yl)) + 

+A(4m$(y2r yor + yli y^i) - 2fi'^iyor - yoi) - ^A$y2r(?/or + yi)) 

+xHyl + yi + 4^'){yl + yl) (77) 

One then has to find the extremes of the potential by solving the system of equations corre- 
sponding to setting the gradient of the potential to and check wether the solutions one find are 
local minima or maxima. One gets the following set of solutions: 

solutioni = {yor = 0, yoi = 0, y2r = 0, y2i = 0} (78) 



A/5(9mA ± Jm?{^\ - IGOA^) + 16A^2(20A2 + 9A)) 

solution2;i = {yor = =2 ,yoi = 0,y2i = 0, 

40A2 + 18A 

-Sm^Am^ + 24AA;u2 ± mJm'^idf - IGOA^) + 16A^2(20A2 + 9A 
* = »••< 8},M2^,^-m-') ' '™> 

3\/5mA(m2 + 2A/i2 

solution^ 5 = jyor = =5 , 

80A3/i2 + 9A^(m2+4A/i2) 

yoi = ±v^ 



m? + 2A/x2)(9aV4 + 90AAm2/i2 + 32A2(20A2 + 9A)/x4) 



^ (80AV + 9A^("i2 + 4A^2))^ 

5myor - 3\/5A(y^,. + yg^) * 



2/21 — 7 „ nr^, 2 ~y2r, 



^ ^ 5m2 - 6V5Amyo^ + 9A (y^^ + y^., 

2A(5myo.-3\/5A(yo2, + y2j) ^'^^ 

Where we note that solutions 4 and 5 do not exist for small A (and if A < these solutions are 
even more complicated). 

The value of Vp for solutions 1,2 and 3 is: 

Vl.'^ =/x^ (81) 

V-(2.3) ^ 1 ^(5,„4.g;^^4 ^ 3goQ^2^2 _ 32QQ^4) ^ 200m2A(320A^ - 36A2A^ - 8lX^)n'^+ 

8(20A2 + a')3 

+ 72(20A2 A + 9A^)2/ ± (15mA((9A^ - 160\^)m^ + 16A(20A2 + 9A^)Ai^)^/^ (82) 
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Where we note that solutions 2 and 3 are not equivalent and have different values for the potential 
at the minimum. One can now expand these solutions to linear order in A and get the results 
mentioned in section 1. 

The analysis of the case SU{5) — t- SU{3) x SU{2) x U{1) is very similar. We will just outline 
the main differences. The vevs are now chosen to be along a combination of the directions given by 
T"^^ and T^^: ^q'^ = Y^5/3yQ^, y^^ = y5/3y|'^. Again there are only 3 complex valued variables, 
and we can use R-symmetry to make one of them be real: yg^ = yor + i Voi, V^ = ?/2r + ^ 2/2i and 
$ is real. 

The extremes of the potential are: 
solutioni = {yor = 0, yoi = 0, y2r = 0, y2i = 0} (83) 

solution2 3 = {yor = _o (3mA ± Jirfi{f - 240A2) + 16A^2(^ + 30A2)), yoi = 0, 

8(30A2 + A ) 



45 m2 - 24V5Amj/lr + 16A(yg^ + y l^ 
6A(15myor - 4^/5A(y2^ + yg.) 
3\/5mA(m2 + 2\^l'^) 



y2^ = 0, $ = ^^^^^^^ \ ^^ /""-;/"-^ y2.} (84) 



solution^ 5 = {yor = _9 _9 

4(A m2 + 4A^2(30A2 + A )) 



^3\/5 



(m2 + 2A/x2)(A^m4 + 10AA^m2^2 + 32A2/,4(3oa2 + A^)) 



\ (m2AV4A^2(30A2 + A^))2 

15myor - 4\/5A(y^^ + ygj 



y^i — ~ , /^-T/ 2 ^V'iri 



^ ^ ^^rr^ - 24V5Amylr + 16A(y2^ + yg.) 

6A(15myo.-4^/5A(yo2, + y2,) ^''^ 

As in the previous case these two last solutions only exist when A is not small. The potential at 
the other three solutions is given by: 

^i'^ =/i' (86) 

V(2.3) ^ \ ^(15^4/^4 ^ gQQ^2^2 _ 7200A^) + 600m2A(720A^ - GA^A^ - \^)^x'^+ 

16(20A2 + a')3 

16(30A2a + A^) 2/ ± (15mA((A^ - 2m\^)m'^ + 16A(30A2 + A^)/i2)3/2 (§7) 

And if we expand these values we get the results quoted in section 1. 



We now turn to the general case where no preferred symmetry breaking pattern is chosen, 
e first thing is to rescale all the Y- fields by => as this simplifies the poten 
makes the function to minimize independent of any parameter in the model). 

in tVip ) , 



The first thing is to rescale all the Y- fields by => as this simplifies the potential (if A = this 

spendent of 

Then we not that the fields yf, due to their R-charge, can only appear in the F k terms. 

These are n-equations in n- variables (the y2's) and can be solved. This obviously does not hurt 
the global minimization of the potential. The solutions are quite long and not particularly deep, 
so we shall not present them here. The bottom line is that one has only to consider the F-terms 
of the fields with R-charge equal to 2 in the minimization of the potential. 

The potential can then be written as: 

V^ = ^v{yl\yl\yl\yr) - 2\t^Re{{yff + {yf? + {y^f + (yg^)^) + M^ + 0((^)^) 
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Where v{x,y,z,w) is a complicated positive semi-definite function whose minimum is 0. The 
reason this must be so is that when A = the messengers decouple from the SUSY breaking 
sector, so their F-terms vanish in the vacuum. We will now use perturbation theory to minimize 
this potential where we will take ^^ < 1 as the small parameter. The minima of the function v 

A 

can be found exactly since this amount to solving F k = when A = 0, i.e. 

y^Hlb + 5V6yf + sVSyg' + 3\/5yg^) = (89) 

5V6iyl^f + yf (30 - S^/Gyg^ + loVSy^^ + 6^/5yg^) = (90) 

5^/3(ygi)2 + bVsiyl^)^ + 2yl\l5 - S^/Syg^ + sVSyg^) = (91) 

^^(^0^^)' + V^iy^f + +V5{yr? + y'oHw - i^T^yl') = (92) 
This system of equations has 2^ = 16 solutions out of which only three are independent: 

yo = d^a9({0,0,0,0,0}) (93) 

TTl 

yo = -dia5({2,2,2,-3,-3}) (94) 

A 

777 

yo = -=dm9({l, 1,1, 1,-4}) (95) 

oA 

The rest being permutations of these solutions (there are 1 + (2) + 5 = 16 of these). 

One can then use perturbation theory and expand around the solutions we found to linear 
order in ^j to get approximate solutions to the potential. Since these approximations will respect 
one of the symmetry breaking patterns we have already studied we shall not repeat this operation 
here. 



B The messenger mass matrices 

Let us now assume that A > 0, and focus on the case when the GUT group is broken down to the 
MSSM gauge group. Due to the Higgsing of the GUT group the adjoints of SU(5) decompose 
under the unbroken 5C/(3) x SU{2) x C/(l) as (8,1) x (1,3) x (3,2) x (3,2) x (1,1), i.e. one 
adjoint of 5t/(3), one adjoint of S'f/(2),a vector-like pair of bifundamentals and a singlet. The 
field content of the model then becomes: 

Let us now get the fermionic and bosonic masses for the particles in the model. We shall 
focus in the region of parameter space where A < 1, Xy > m. 

If we focus first in the fermionic mass matrix for the adjoint fields of the unbroken SU{3), 
(since we saw that all vevs are real values, we shall drop complex conjugation symbols to simplify 
the formulas) we get that the fermionic mass matrix for these fields is given by: 



((^2V,3)n (Y.^M^snM'/^'^y) ( ^-^ ) (96) 



0,adj3 

2,{adj) 



And l2,ad;'3 = Y^ ^2^0*3'^"' where A'* is a basis of the 5'C/(3) algebra. Where M/^ "^ is, at leading 
order in A given by: 



-r-2 



^2,M) ^ 25m^ + f Ay + f A/.^(^ + 45) l^Aym + ^A/.^^ 
^ \^ io^Aym + ^A/i2^ 25m2 + 80A/i2 ) 
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GUT 



5C/(3) X SU{2) X U{1) 



Representation 



V 



^5-1/(3) ^ 



+ Pl 



^ 



V, 



SU{2) 



(8.1) (3,2) 

(3.2) (0,3) 



+ singlet 



Yo 




+ p2 



(8.1) (3,2) 

(3.2) (0,3) 



+ singlet 



Fn 




+ p3 



(8.1) (3,2) 

(3.2) (0,3) 



+ singlet 



$ 



$ 



singlet 



Table 3: Field Decomposition and notation. 



To linear order in A and second order in =^ we get: 

Ay 



m% = SOm^ + 160A^f2 + ^(Sm^ + AXii'^ 



4 

9' 



A y2 225m2 Sm^ + 28A^2 



m^ 



A'y2 



2 225 2 5m^ + 28A^^ 
m, = — — m :5 

The scalar mass matrix can be written as: 

((^2,ad;-3) ' (^Cadjs) ' (^2,adj-3) ' V^Q.^adj^l )\-^b > 

Or replacing the vevs: 



/ ^ 2,adj3 

^ 0,adj3 

V^2,adj3) 



b 



( 



\ 



2 I 4 X'y'^{hm?+4,\^l.'^) lOy^ Xy{m? + 2\ti.^) 



10V5 Ay(m2+2AM2) 

3 771 


3 777 
25m? + 80Am^ 


-lOA^i^ 
















(98) 
(99) 



(100) 



25m2 + 8OA/.2 + 4 A%^(5777^+4Am^) 10^ Xy{m^+2X^^) 



_ 9, ':^ 

3 777 



And the eigenvalues are given by: 



mlf,± = 50m2 + 160A^2 _^ 4(5^2 _^ 4Am^)A^ _ 225^7^^ 5777^_+28a^^ ^ '^^ 't^../4~'""" ) 



27/2A- 



^2 _ 225777'' 5777^+28Am^ I 225 A777^m 






For the adjoints of SU{2) the mass matrix is very similar, the fermion masses are: 

2 .7^ 2 „.7.^ 2 4, 2 .< 2^^^y'^ 225m2 5m2 + 52Au2 
mfr = 50m^ + 240A/i^ + -(5m^ - 4A/i^) — ^^ ^ 



9 



m^ 



A'y2 



mf 



225m2 5m2 + 52A^2 



25m2 + 80Aft2 y 

(101) 
(102) 

(103) 
(104) 



27 



And the scalar masses are: 



^2 _ 225m^ 5m- + 52AM i 225 Afi m- /'in«\ 



A^I/2 
T2 2 "^2 T2 '5 ■ 

So that for large values of the pseudomodulos vev one of the fields gets heavy while the other gets 
light. This is a simple consequence of R-symmetry together with the fact that these adjoints do 
not enter in the Higgs mechanism (i.e. they only get masses through the superpotential). Since 
the superpotential is R-symmetric, one can generically show that the det{M) does not depend of 
the vev of the scalar partner of the goldstino y (i.e our flat direction). Since Tr{M) does depend 
on y, it has to be that for large values of y one of the eigenvalues has to go with m}~'^y'^ while 
the other goes as {m^~^^y~^, for some value of r. This gives us a sort of see-saw mechanism where 
as y increases one of the field becomes lighter and the other becomes heavier. 

The complete fermionic mass matrices (we take all vevs to be real): 

Adjoint of SU{3) 

{Y,^,a,j3, YoUs)M^''''^ ( ff'^' ) (107) 

V ^0,adj3 J 

Where: 

jL^{a.dj) _ / ^(45m2 +48v^mAa21 + i80A2<|.2+96V5AA#!;|''+64A^((t/<^*')=^ +(yf^*')2) jf^ (15»n + 8\/5Aa<^''')(15A<I> + 4v^yf* ') 
/ V 5|j(15m + 8v^y<=''')(15A#+4V5Aa<^*') _1_(15^ + 8v^!,(=*' )2 

(The adjoints V5'^(3) of the unbroken SU{3) are obviously massless) 
The eigenvalues can be computed and are: 



±Abs{2y^i2)Xy^^^'^ - VwX<^)^2{4Xy^o^^ - V^m)^ + (2^(2) A - VWX^y (108) 
Adjoint of SU{2) 

iYU2^Y,^M^2)M^f''"^ ^^2^) (109) 

Where: 



J \ __|_(5„_4y5Ay<^'*')(-5A* + 2v^Ayf*') Jg (5„ _ 4v^Ay<^-*' )2 

(The adjoints Vgiji2) of the unbroken SU{2) are obviously massless) 
The eigenvalues can be computed and are: 

massi,2 = m^Xy^o^^ - V^mf + {2V2Xy^^^^ - VWX<^f 



±Abs{2y^{2)Xy^^^'^ - VWX'^)^J2{4Xy^^^^ - ^/5m)2 + (2v/(2)A - ^/lOA$)2 (HO) 

if 2/2^ is sufficiently large, the splittings in the scalar mass matrices are small, so that F/M can 
be computed as the mass splitting over the mass (i.e. this is exact up to {F/M)"^ corrections). 
By doing this one gets that: 

M \yf ^ ^ 

for both gauge and non-gauge messengers (for gauge messengers one has to do this for the 
fermionic mass matrix, but the discussion goes through almost word by word). 
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C Soft terms in models with two mass thresholds 

Let us now compute the leading order contribution to squark masses assuming that there are 
two mass thresholds (and one SUSY breaking scale). One of the thresholds concerns normal 
(non-gauge messengers) and the other is with respect to normal gauge messengers. Here we will 
assume that gauge messengers are heavier than non-gauge messengers. 

The computation of the running gauge function is done by solving the beta-function R.G. 
equations, one gets three solutions: one above the GUT scale, one between the GUT scale (where 
the gauge messengers are integrated out) and the non-gauge messengers, and one below the scale 
of the non-gauge messengers. These are respectively: 

a-\fi) = a-HAu.v.) + ^Log{-^) (112) 



a 



Where 6", 6', 6 are the gauge function beta-function coefficients in the three different regimes. And 
the mass of the gauge messengers is y^(X, X), and the mass of the normal messengers is X^ . 

We shall introduce now the following notation for the real gauge coupling and the squark 
wave-function renormalization functions and spurion-like fields: if they have a subscript s they 
are to be understood as the analytically continued functions into superspace, while if they do 
not have an s subscript, they are ordinary (scalar part) functions. 

Upon continuation to superspace one gets: 

{Xs,Xs) = {x, x) + 9\x, F) + t{F, x) + te\F, F) .^^^. 

X2s = X2 + e^F2 ^ ' 

And X2 is the mass scale of the non-gauge messengers and F2 is the component of the goldstino 
that they couple to. For the gauge messengers X is the goldstino and F is the vev of the F-term 
associated. 

We can now see how the expectation values of the auxiliary components of the real gauge 
coupling get vevs upon this analytic continuation into superspace. Replacing the definitions of 
{Xs, Xs) and X2s "spurious" into the equations of the real gauge couplings we get: 



A-K (x,x) [x,x) [X,X) 

+ ^Log{l + 9^^ + 0^+ 0''^'ri2) (117) 

4vr xl X |x2r 

47r (x,x) {x,x) \x,x) 



+ ^^^og[\ + e'^ + 0- + e^e {-^) + -Log{\ + e'—r + e- + 



4^ ' AX \x2\^ 47r ""^ x2t X \x2\^' 

(118) 
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One can now solve the R.G. equation for the wave function-renormahzation Zq, and get that: 
- Log{Z{fi)) = 2-Log{ \ "M + 2-Log{^^) + 2-Lo<7 -^ 119 

Replacing the expression for the running gauge couplings in this expression and recalling that in 
a general model 

ml = -Log{Z{fi))\^,^2 (120) 

We get that: 



m 



Q=^^(^-^ -2c--xl{c-+c) + x2{b-b){l--)c) ^-p 

^"(^)%rA A'wl^2p.w -,//.// o^ , ^,^,b\ ix,F){F,x) , ^ -,,//./&'' „.(F,x)(x,F) 
+ o o ((o - )c - — pr + [be +b [c -2c) + 2cb — ) — -^ h 2x16 (c 77 + c )- 



Svr^ \x2\^ b (a;,x)2 6' (x,x)^ 

0(x: 

(121) 

t we see that if we set %! and x2 to zero, we 
sum of the naive expectations for the masses. 



o , {l-'Tyi-F2^ix,x)b' + x2{F,x){b' -b"))iF2{x,x)b' + x2\x,F){b" -b')) ^ ^ ^^ ^, 

'^' \x2\^x,xr ^+^^^' '^' ^ 



Where xl = " ( \ — l,x2 = '^f ■, — 1. So that we see that if we set %! and x2 to zero, we get a 
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